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Clasa a Vl-a
Solutii si barem
Varianta 2

1. Fie (a;b)=d= a=dx unde (x;y)=1, b=dy
Obtinem [a;b]=dxy.

Din [a;b]- (a;b) =864 =>d*Xy =864, ....cccovvviiriiiriirinsn s 1p
Din [a;b]+(a;b)=84=dxy+d =84=d(xy+1) =84, = ...ccccevvrirrirrirrrrrnne, 1p
=deD,, ={1,2,34,6,7,12,14,21,28,42,84} ........cec0seiiiiii 1p
Obtinem tabelul: .........ccoociiiiiiiii s 1p

d 1 2 3 4 6 7 |12 |14 | 21 | 28 | 42 | 84

Xy |83 |41 |27 |20 |13 |11 | 6 S 3 2 1 0

Deoarece d?Xy =864 => 0 =12 Si XY =6, .cccevsirirrreririeerssseseerere e en e tssen s 1p.
Obtinem tabelele:

................................................................................................................................... 1p
a |12 |24 | 36 | 72
b |72 | 36 | 24 | 12
................................................................................................................................... 1p
2. N=7C+1 [420 5 N+ 20 = 7C + 2L = M woeeveoeeeeeeeeeeeeeeeeese e 1p
N=7C+1 [+20 =5 N+ 202 7C1 + 2L = My woovveeeeeeeeeeeeeeeeee e 1p
N=7C+1 [+20 =N+ 20 =701 + 21 = ML wooiveoeeeeeeeeeeeeeeeeeeeeeeee e 1p
=N =[7,8,0] =504 =51+ 20 = 504K ...orerrrrrreeeerreesseeeeeeeseeesseeeeseeeeesseeeseee e 1p
Dacd K=1=n+20=504 =N =484 ...ccoovrieiiee e 1p
Kk=2=n+20=1008 = N =988 .....ceetttiiiireecre et 1p
k>3 = numerele sunt mai mari de trei Cifre. ..., 1p
la-1 a al-a
3.a) 0,1(a)+0,(a)+0,a() %0 +9+ g s 1p
10+a-1 “a 10a+l-a a+9+10a+9a+1
—t —+ = e ———————— 1p
90 9 90 90
~olimpiade™
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_20a+10 10(2a+1) 2a+1 1o
%0 %0 T R
2a+l E L o A T s 1p
b) X—+1+XL2+...+X+99:99<:>(X—+1— )+(i2—1)+...+(x+99— J:O<:> . 1p
2 3 100 2 3 100
x-1 x-1 x-1 X—1
+ + Fot——=0 < e ———— 1p
2 3 4 100
<:>(x—l)(i+1+£+...+i):0:>x—l=O:>x=1 .................................. 1p
2 3 4 100

4. a) Considerand suma minima S =1+2+3+...+27=378>360= cel putin doua sunt
COMEIUCIIER. . ..t euttt ettt cheeette e st e et e e et e e bt e e te e et e e e shb e e shb e e snbeeesbeeasbeeesbeeenbbeennneeanneeas 3p

b) Fie figura: A M B N

Avem MA = kMB si NB = kAB = k(AM + MB) = kKAM + kMB = k’MB + kMB =
= kMB(k + 1).

Cum AN = AM + MB + BN = AN = kMB + MB + kMB(k + 1) = MB(k + 1) +

+kMB(k+1):MB(k+1)(1+k)=MB(k+1)2:>%:(k+1)2 ....................... 4p
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